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Abstract: In this talk we define 3-parameter line congruences in R4, which is nothing but a 3-
parameter family of lines over a hypersurface in R4. Locally, we write C = {x(u), ξ(u)}, where
x : U → R4 (reference hypersurface) and ξ : U → R4 \ {0} (director hypersurface) are smooth, where
U ⊂ R3 is open. We also investigate the singularities associated to a special class of congruences, called
Blaschke affine normal congruences, which occurs when the reference hypersurface x is non-degenerate
and the director hypersurface ξ is given by its Blaschke normal vector field. Our goal is to show that the
generic singularities of

F(x,ξ) : U × I → R4 (0.1)

(u, t) 7→ x(u) + tξ(u),

where I is an open interval, are the Lagrangian stable singularities, providing a positive answer to the
conjecture presented in [1].

Joint work with: Débora Lopes (UFS) and Maria Aparecida Soares Ruas (ICMC).
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